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 This paper presents modular multilevel converter (MMC) with circulating 
current control which provides an improved balanced capacitors voltages. 
The control is achieved by employing compensation techniques in the 
external and internal controls of the MMC based static compensator 
(STATCOM). Performance variations arise during STATCOM non-ideal 
operation with grid externally and during capacitors voltage transients due to 
charging and discharging within the MMC that result in the emergence of a 
voltage disturbance. The proportional integral (PI) controller is usually 
employed in the external and internal controls for a fast response and reactive 
current control. In this paper, the performance of the PI controller is 
improved using voltage compensation in the external control and virtual 
impedance in the capacitor voltage control within a five-level MMC. The 
proposed control minimizes the variations in the STATCOM operations with 
the grid and within the MMC to provide an enhanced overall system 
response. 
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1. INTRODUCTION  

Multilevel inverter topologies are widely accepted as one of the most recent technological advances 
in power electronic industries. Their uses are mostly in the area of higher-voltage power applications such as 
flexible A.C transmission systems (FACTS) applications, and large power electric drives. These applications 
are possible due to multilevel converters’ balanced and distributed voltage stresses that are shared among the 
switches. Power quality (PQ) enhancement in the power system distribution has been attained using 
multilevel STATCOMs [1–4]. There are many time domain based control schemes such as direct and in-
direct control, power synchronization, and direct-quadrature(d-q) vector control methods applied to the 
multilevel STATCOM for the power quality enhancement [5–8]. Among these schemes, the most commonly 
employed are the direct control and the d-q vector control methods, employed mostly for reactive power 
(VAR) compensations in STATCOM applications[5, 6]. STATCOM applications for VAR compensation and 
stability studies have been employed based on different controls and modulation schemes [9–11]. 

Generally, there is trade-off between the modulation schemes, the switching frequency, transient 
response and the use of filters for STATCOM VAR compensation. The transient response can improve with 
high switching frequency, but at the expense of high loss and harmonics. Since filters such as inductors and 
capacitors are inversely proportional to switching frequency, the high-switching frequency allows the use of 
small filters and results in more margin gain to be used to control the VAR at the moderate frequencies. This 
control action will help in improving the transients. Filters do reduce harmonics in the system. However, the 
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use of filters in VAR application results in the increase of the system response delay [12]. For instance, a 
selective harmonic modulation, which is a low-frequency modulation control was employed in [13]. This was 
carried out using a proportional (P) controller to achieve VAR compensation in an unbalanced system.  

Although the control used a second-order filter to suppress the effects of distortions, the proposed 
control still offers a fast response by reaching its steady-state within 5 cyles. However, this compensation 
was achieved with a higher-switching frequency (i.e 10 kHz) to attain the desired current control bandwidth. 
Furthermore, when the P-control action was compared with the proportional integral (PI) control in the 
system, the distortion in the current was marginally reduced. Another control using the carrier shifted pulse 
width mudlauation (CSPWM) was carried out in [14]. This control was for a VAR compensation in a 
multilevel STATCOM under different operating conditions. The control performance was evaluated from 
capacitive mode to inductive mode. The author claimed to have reduced the switching frequency by the use 
of a new reactive current reference, the control was achieved using P-controller based decoupled current 
control. However, there was a delay in the system at the start up of the control, which reached its steady-state 
after approximately 10 cycles. Though at the transition, the transient response was fast. A well-tuned PI-
controller could yield response with zero or minimum steady state error within a small rise time. However, PI 
controllers may have some drawbacks which include high settling time and overshoots [9, 15]. It has also 
been reported that PI controllers have poor transients compared to other controllers such as hysteresis and 
ramp time controllers in voltage source inverter (VSI) STATCOMs [15]. For example in [16], PI control was 
employed for STATCOM voltage regulations, but oscillation has occurred in the response and produced poor 
transients though there was a minimal steady-state error in the command tracking. Alternatively, the simplest 
approach is to use carrier shifted pulse width modulation (CSPWM) which has a moderate switching 
frequency feature and a few control complications. This could be employed with proportional controllers for 
a decreased rise time and steady-state error [14]. However, this would be at the expense of an increased over 
shoot compared to proportional integral (PI) controllers. This is possible due to the facts that as the P-
controller pushes harder for a given level of an error, it forces the control to respond quickly but also to 
overshoot more. For an MMC inverter specifically, increasing the stacked cells increases the switching 
frequency and voltage ripples. Depending on a number of the levels, this would, in turn, increase the control 
complications such as the capacitors voltage balancing and voltage disturbances which produce harmonic 
ripples. However, the switching frequency and voltage ripples issues could be resolved by the use of 
fundamental (low) frequency techniques such as selective harmonic elimination (SHE) or optimized 
switching technique, but with an increased control complexity such as the modulation angle calculation plus 
the inherent difficult implementation of a low switching technique [17].  

Another challenge in the MMC is the stacked cells capacitor voltage balancing. If the power losses 
were identical in all the different H-bridge cells, the losses could be shared uniformly among the cells; thus, 
the active and reactive power would be distributed equally within the MMC. However, because of the 
mismatch among the components especially the cell capacitors, and the charging and discharging during 
switching, the cells would not behave identically, hence result in different losses. This leads to voltage 
imbalances and harmonic distortions. To avoid this, balancing control schemes could be employed [18]. This 
has been further highlighted as part of the MMC design and operational constraints which contribute to the 
capacitor voltage ripple, current ripple, and power loss depending on the capacitor and inductor sizes [19]. 

The balancing control has effects on the power quality. The voltage imbalance that could arise due 
to poor voltage balancing control injects harmonic currents into the system [18]. Haw et al. [14] and Kaw et 
al. [20] have studied the voltage support but did not consider the issue of cell balancing voltage disturbance. 
This disturbance could contribute to the emergence of the voltage difference between the arithmetical 
average dc capacitor voltage of all the phases, and the total arithmetical mean dc capacitor voltage from each 
phase. This consideration could have improved the system performance in terms of the active power sharing 
between the STATCOM and the grid, and improve system stability. However, balancing control adds 
complications by adding many controllers mostly PI-controllers in the modulation control. This addition of 
the controllers in the system puts more pressure on the digital implementation; thus, requiring heavy digital 
signal processing. Huang et al. [21] proposed control using a repetitive controller to eliminate harmonic 
current based on the CSPWM. The transient was good, however, the practical implementation of repetitive 
controller requires complicated stability and design in choosing the appropriate low pass filters or comb 
filters needed to stabilize the controller. Liao et al. in [22] have improved the balancing control but the issue 
of circulating current ripples and voltage ripples remain. Lives et al. [23] and Tu et al. [24] have studied the 
circulating current that could be employed to achieve capacitors voltage balancing, and suppress the 
circulating current by increasing the inductance of the arm of the MMC. However, the voltage across the 
inductor arm deteriorates the performance of the MMC as the inductor consumes part of the amount of the 
reactive power (VAR), and the cost increase due to the increase of the arm inductor. Bergna et al. [25] have 
proposed energy-based balancing control, using a model which controls the voltage sum and voltage 
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difference between the upper arm capacitors and their corresponding lower arm capacitors in the three-phase 
MMC. The control was with respect to the energy stored in the arms.  

In this paper, for an MMC with stacked cells, limited switching frequency employed using CSPWM 
as in [21], would provide a sufficient control bandwidth which would improve the response and provide a 
good damping effect. Furthermore, the increased no. of the stacked cells voltage variation in the multilevel 
will be used to improve the stability at both grid-interface level and within the MMC internal control. Unlike 
in [21], where a large stability analysis due to the repetitive-controller parameter selection was involved, a 
simple virtual impedance based PI control with some qualities of a low pass filter such as harmonics 
reduction would be employed. This control, unlike in Begna et al. [25], could be applied in both single-phase 
or three-phase system, and still, uses the decoupled control. Furthermore, the use of CSPWM with a high 
integral gain would eliminate the steady state error [26] when employed in the proposed  
control scheme. 

Figure 1 depicts the three-phase MMC based STATCOM system. If and Vc re the MMC based 
STATCOM three-phase output current and voltage respectively. Vf is the grid voltage at the point of 
coupling (PCC). Applying Kirchhoff’s principle on any leg/phase in the three-phase system with respect to 
node n, the mathematical relationship between the per phase output current ik, the lower and upper arm 
currents (ikp and ikn), and the circulating current icirk are given by:  

 
k kp kni i i   (1) 

 1

2
cirk kp kni i i 
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Figure 1. Grid-connected MMC based STATCOM in the three-phase configuration. 
 
 

The sub-script k represents any of the three-phases (u, v or w). Based on (1) and (2), the regulation of 
the circulating current icirk and the output voltage Vck could be achieved by controlling the upper and lower 
currents. And the upper and lower arm voltages (Vckp and Vckn) given in (3) and (4) respectively. 

1

2
kp dc kc cV V V 

 (3) 
1

2
kn dc kc cV V V 

 (4) 
Vdk is the cumulative equivalent direct current (DC) voltage across the arms. Lr is the arm inductance 

of each arm. Rr is the series resistance associated with the buffer inductance [21].Vck is the MMC AC output 
voltage defined as: 

 *

1
sin

2
dcckV V M t

  (5) 
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The (5) gives the output voltage under ideal conditions when each voltage of the submodules (SM) 
capacitor is constant and equal to the value of Vdk/N, M and Ic are the modulation voltage and peak output 
current respectively. ω and 𝜑 are the angular frequency and load angle respectively. The basic per-phase 
control schemes which are averaging control, individual control, and the arm balancing control use (6)-(9) for 
their implementation, and the control scheme could be extended to the three-phase configuration [27]. The 
meaning of the symbols in Figure 2-5 are defined as 

 

 1
V V V (6)

2
k kp knC C C   (6) 

1

1
V V (7)kp ki

N

C C

iN 

 
 (7) 

 

2

1

1
V V (8)kn kj

N

C C

j NN  

 
 (8) 

* *V V (9)
dc

C Ck

V

N
 

 (9) 

𝑉௖௞തതതത is the per-phase average capacitor voltage in the corresponding phase. V kpC  and V knC  are the 

average capacitor voltage of the upper arm and lower arm of the corresponding phase respectively. N  is the 

number of the SM in the upper and lower arm, V kiC  and V kjC  are the voltages of the ith and jth SMs in the 

upper arm and lower arm respectively. 
*VCk and 

*
cirki represent the reference voltage and reference circulating 

current in the corresponding leg respectively.  
 
 

 
Figure 2. Block diagram of averaging control 

 
Figure 3. Individual balancing control block 

diagram 
 
 

Figure 2 depicts the averaging loop diagram, this control pushes the average voltage V kC of each 

phase leg to follow its reference voltage
*VCk . When

*V VCk Ck , 
*
cirki  increases and forces the actual 

circulating current cirki  to follow its reference current 
*
cirki making VCk  to track its reference voltage

*VCk . PI 
controllers can be employed in the tracking, and the output voltage command cirkv  from the averaging control 

can be produced for the CSPWM. The gains of the PI controllers which are 1K , 2K , 3K  and 4K  could be 
obtained based on internal mode control theory [28].  
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Figure 4. Arm balancing control block diagram 
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Figure 5. Voltage commands for the PWM balancing 

control of the MMC arm 
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The individual balancing control pushes each SM capacitor voltage individually in every submodule 

to follow its voltage reference
*VCk , the individual balancing control block diagram is depicted in Figure  3. 

The obtained voltage command for this modulation control is kBv . When .
* ( , )V VCk i jCk  the arm current is 

charging the SM capacitor, the polarity of the output current is positive. When it is reversed, the arm current 

gets the opposite polarity. The proportional controller with a gain 5K could be employed. The control block 
for the arm balancing is shown in Figure  4. This control lessens the discrepancies in voltages between the 

voltages of upper and lower arm. The voltages, V kpC and V knC  are also known as the average voltages of the 

positive arm and negative arm respectively. The proportional controller 6K could be employed. Figure  5 
shows the mathematics for the overall voltage command generation for the CSPWM in the control diagram 
representation [29]. However, the circulating current control based on Figure  2 which is using the PI-control 
is usually insufficient in suppressing the circulating current [21]. Thus, voltage disturbance is introduced on 
the SMs and injects harmonic current during normal operation. Taking in any phase-k, the variation could be 
explained by the relationship between the energy stored within the MMC arms. The active energy stored in 
the upper and lower rams are as follows: 

 

2
1

2
kp CkpW Cv

N


 (10) 

2
1

2
kn CknW Cv

N


 (11) 
 
Where C is the SM capacitance. From (10) and (11), let the active voltage disturbance which 

contributes to the MMC variation be written in terms of the DC component dcI and harmonic components ni  
as 

 

  
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1
1 sin

2 2 3

k

Ckp dc n

n

N i
v M t i i dt

C

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 
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1
1 sin
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k

Ckn dc n

n

N i
v M t i i dt

C






 
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 (13) 
 

Where kpvc  and kpvc are the voltage change due to disturbances in the upper and lower arms 
respectively. The circulating current in the MMC could be given as 

 

1

1

3
cir dc n

n

i i i




 
 (14) 

For typical STATCOM applications, the DC component dcI  is zero since there is no DC link DC 

voltage source. The harmonic components ni  are the nth order harmonics of the circulating current. 
Therefore, the real output voltages of the upper and lower arms considering the variation could be as 

 

    1
1 sin

2
Ckp dc CkpV M t V v   

 (15) 

    1
1 sin

2
Ckn dc CknV M t V v   

 (16) 
 
Then considering the variation, the total output voltage of the phase leg could be given as follows: 
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       1 1
sin

2 2
ckp ckn dc Ckp Ckn Ckn Ckp dc kdV V V v v M t v v V V          

 (17) 
 

Therefore, kdv  is the voltage variation between the phase-leg and the total SM voltages (i.e. dcV ) 
when the system is under normal modulation. Equations (6)–(9) describe the capacitor voltage control and 
the active power sharing within any leg. In other words, the active power balancing is per-phase, and it is 
employed by adjusting the dc circulating current within the phase leg; thus, it has no influence on the total 
active power absorbed by the STATCOM at the grid three-phase interface [1].  To control the active power 
and the reactive power at the grid PCC shown in Figure 1, the grid-interface references for the instantaneous 

active current 
*
fdI and the reactive current 

*
fqI  could be obtained as follows: 

 
* *( V V )fd CCI K   (18) 

 

K  is the proportional controller gain. 
*VC  is the reference DC voltage for the SM capacitors. VC is 

the arithmetical average capacitors voltage of all the SM capacitors in the three legs and defined as 

, ,

1
V V

3
k

k u v w

C C



 
 (19) 

The reactive current reference 
*
fqI could be as in [14], assuming all the load reactive power is 

obtainable from the STATCOM. This could be defined as 
 

*

*
L

fq Lq

fd

Q
I I

V
 

 (20) 
 

where LQ and LqI are the reactive load power and current respectively. fdV is the MMC output 
voltage in the d-axis usually aligned with the grid voltage using the phase-locked loop. Neglecting the grid 

source impedance ( sL and sR ) in Figure 1, the relationship between the grid AC voltage ( fV ), and MMC 

based STATCOM AC output voltage ( cV ) in the d, q forms: 
 

2 2 2

cd fd fq fd fdr r r
f f f

cq fq fd fq fq

V V I I IdL R L
L R L

dtV V I I I


                                
              

 
 (21) 

 

In (21), fqI  represents the reactive current of the MMC in q-axis, while fdI  is the active current in 

the d-axis. cdV  and cqV  are the d-axis and q-axis MMC output voltage respectively. fqV  is q-axis grid 
voltage. The MMC-to-grid impedance is as  

 

2 2

r r

T f f T T

L R
Z L R L R     

 (22) 
 

Using the ,d qQ variable in (23) and (24), and assuming the STATCOM currents track their current 
references as in [14], the MMC output voltage could be controlled using (25). 

 
d fd cd T fq T fdQ V V L I R I      (23) 
q fq cq T fd T fqQ V V L I R I     (24) 
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 
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, _ ( , ) ( , ) ( , ) _ ( , ) ( , ) ( , )

*

*

*

*

2

2

d q P i d q f d q f d q I i d q f d q f d q

T

cd d fd fq T fdfq

T

cq q fq fd T fqfd

Q K I I K I I dt

L
V Q V I I RI

L
V Q V I I RI






    


     

       (25) 

 
 

2. THE PROPOSED VIRTUAL IMPEDANCE AND VECTOR CONTROL COMPENSATIONS 
The proposed control introduces extra voltage compensation in the external control of the MMC 

with the grid and adds an extra compensation support in the internal control. These two compensations are 
employed to form the overall control. Unlike [14] and [30], in this control, voltage compensation is 
considered instead of current which has to pass through the PI-controllers or P-controllers and adds 
additional stress on the controllers during the transients. Also unlike [14], the negligible active current 
transfer is considered to enhance the d-axis control, and extra compensation in the internal control is 
introduced to enhance the capacitors voltage balancing. This would, in turn, enhance the active power 
balancing within the STATCOM; thus, enhancing the overall system control. Principles of transient impacts 
employed in [31] and the capacitors voltage variation are summed up to generate an extra transient voltage 
support to the PI controllers at the grid interface during the transients. 

 
2.1. External control voltage compensation of the MMC 

In Figure 1, the d-q voltage drop which contribute to the small variations between the STATCOM 

desired voltage commands (
*

cdV  and 
*

cqV  ), and the STATCOM voltages ( cdV  and cqV ), are given in the d-
axis and q-axis forms as 

*
cd cd cdV V V     (26) 

*
cq cq cqV V V    (27) 

Since fast speed response with minimal variation is the aim of STATCOMs, these voltage 

deviations ( cdV and cqV ) could be subtracted in form of compensation to mitigate the variations, and 
speed up the current response during the transients. The voltage compensation is derived as from (26) and 
(27), the corresponding desired STATCOM currents would have small deviations from their corresponding 
output currents, these variation are defined as 

 
*

fq fq fqI I I    (28) 
*

fd fd fdI I I    (29) 

Assume the resistance in (22) to be zero, and the total interfacing inductance TL in (22) which also 
contributes to the STATCOM variations is modified due to high-switching [31] and considered as 

 

2

r
Tcom f

L
L L 

 (30) 

To reduce the variation assuming it happens during the transient time (i.e. t ), in order to speed up 
the response of the PI-controller and reduce the current error in (28) and (29), an additional transient voltage 
could be derived from (21) as 

 
*( )fq fq

q Tcom Tcom fd
I IV L L I

t
    

  (31) 

Since the variation happens during the transient time (i.e. t ) in every switching period [31], the 

switching frequency (i.e. sf ) could be estimated as the inverse of the transient time for the introduced 
compensation, and the compensating voltage in the q-axis would then be as 

 q s Tcom fq Tcom fdV f L I L I       (32) 
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Figure 6. MMC based STATCOM system with the proposed external and internal control schemes. 

 
 

Similarly, from (21), the corresponding active voltage compensation would be derived as: 
( ) (33)fd

d Tcom Tcom fd Tcom fq
IdV L R I L I

dt
    

 (33) 
Similarly (33) is simplified further as:  

 ( ) (34)d s Tcom fd Tcom fd Tcom fqV f L I R I L I         (34) 

During the transients, the voltage drop variables (i.e. , , ,Tcom fd Tcom fd Tcom fqR I L I R I and Tcom fqL I  in (34) 
and (32) can be considered as non-transient terms, whose variations can be adequately controlled by the PI 

controllers; thus, ignored. In the other hand, (17) shows how the voltage variation kdV  could contribute to the 
emergence of a small active power difference between the three-phase active power at the grid, and the 
summation of the three average per-phase active power controlled within the MMC using Figure 2-5.  

In other words, the contribution of the internal active voltage disturbance produced in each 
leg/phase explained in Section II [21] is considered. 

 
 

 
 

Figure 7. Voltage variation d-q components 
 
 
Thus, these variations produce the capacitor voltage d-q variation components shown in Figure 7. In 

other words, the arithmetical average dc capacitor voltage of all the phases, i.e. VC , and the arithmetical 
mean dc capacitor voltage of each phase will produce voltage variation d-q components as shown in Figure  
7.  
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Using the d-q transform, it is possible from the voltage differences
V ,Ckk u VCkk v  and VCkk w  to 

obtain the d-q variation components Cdv  and .Cqv The angle   represents the extent of the voltage 
variation among the SM capacitors with respect to the STATCOM output currents in the d-q frame, and is 
given as 

1 1tan tan
fq Cq

fd Cd

I v

I v
  


 

  (35) 
 
Then the corresponding total voltage variation in the d-q frame given in (32) and (34), could be 

modified with respect to the voltage variation among the SM capacitors, and given as  

( ) ( )
( ) ( )

dcom s Tcom fd Cd

qcom s Tcom fq Cq

v f L I v
v f L I v

     
        (36) 

 

The opposing signals dcomv  and qcomv  in (36) are to be considered as the compensating signals to the 

PI control actions in the d-q control. The compensating variables dcomv and qcomv  are then added to the outputs 

of the d, q-PI controllers ( dQ  and qQ ) in the voltage reference equation given in (25). This will generate the 

enhanced compensated voltage reference (  *
cd kV  and  *

cq kV ) given in (37). From (36), once the steady-

state is reached, the capacitors voltage variations Cdv  and Cqv  in Figure  7 and the current variations fdI

and fqI  cease to prevail. This will make the compensation to cease to exist.  
 

 

 

*

*

*

*

2

2

T

cd d dcom fd fq T fdfq

T

cq q qcom fq fd T fqfd

L
V Q v V I I RI

L
V Q v V I I RI





      

     
  (37) 

 
2.2. MMC internal control using virtual impedance based compensation 

The voltage variation from within the MMC discussed in Section II, is a voltage ripple and produces 

the DC circulating current cirki  with ripple current components [32]. The use of the PI-controllers in the 
internal control of the MMC is one of the most common solutions to obtain a zero static error in controlling 
the dc circulating current. However, PI-controllers have the small effect in suppressing the harmonic voltage 
unless a high-gain high-order controllers such as resonant controllers are employed with the PI-controllers. 
Based on the integral feature of resonant controllers, the suppression of the low-order harmonic voltage could 
be achieved. This control is mostly achieved using second-order resonant controllers for the low harmonics. 
To cancel high-order harmonics, large-order resonate controllers have to be employed.  

And many of them have to be cascaded for better harmonics elimination [21]. Note, the bandwidth 
of the circulating current controllers are very small due to the limited sample and processing frequency in 
MMCs; thus, increasing the order of the resonant controller could not be feasible [21]. Another approach to 
reducing the impacts of the voltage harmonics is the use of the repetitive controller. However, the repetitive 
controller design requires a complex stability analysis on the controller-filter design. Moreover, the 
implementation of repetitive controller requires a heavy digital signal processing. From Section II, the active 
voltage disturbance kdv  contributes to the STATCOM distortion in each phase leg, by generating voltage 

variation between the leg and the total SM voltages (i.e. dcV ). If the variation could be minimized, by 
injection of an external virtual current opposing the circulation current, the voltage disturbance impacts could 
be mitigated; thus, the total output voltage would equate the total SMs voltages. And the voltage distortions 
would become minimal. 

This section considers the improved model of circulation current developed in [21], which considers 
the presence of the voltage disturbance in the closed loop. Also, it employs the virtual impedance concept 
based on droop-method to increase the MMC internal impedance and lessen the amount of the unwanted 
circulation current [12]. To check the influence of the virtual impedance in ensuring an improved steady-state 

and dynamic performance, the PI-controller in Figure 8 will have pk as the proportional coefficient, ik  as the 
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integral coefficient, and have the open-loop transfer function as ( ).iG s  Therefore, the dynamic behavior of 
the closed-loop would be as follows: 

 
*_ _

_ _ _ _

( ) ( ) ( )
( ) (38)

2( )

kdcirk
circ

p i i i

r r p i i i r r p i i i

k s k i s V s
i s

L s R k s k L s R k s k


 

     
 (38) 

 
From (38), it could be seen that the internal circuit could be modeled in the equivalent form as 

*
( )

( ) ( ). ( ) (39)
( )

kd

circ cirk

o

V s
i s g s i s

Z s
 

  (39) 
( )g s is the circulating current reference-to-measured circulating current transfer function, and 

( )oZ s is the impedance transfer function of the closed-loop system. 
 
 

 
 

Figure 8. Improved circulating current control using conventional PI controller 
 
 

Considering (39), it is clear that the impedance ( )oZ s  affects the circulating current control. To 

impose a desired impedance ( )vZ s and reduce the impact of the voltage disturbance for an improved 

stability, the current reference 
* ( )cirki s could be obtained from a new desired current reference 

*' ( )cirki s as a 
function of the voltage disturbance. This could be achieved by the droop-method as  

* *'
( )

( ) ( ) (40)
( )

kd

cirk cirk

v

V s
i s i s

Z s
 

 (40) 

where ( )vZ s is the virtual impedance, and could be obtained by taking the time derivative of a virtual 

inductance virL (i.e. ( ) virvZ s sL where s is the Laplace operator). 
Putting (40) into (39), the dynamic equation of the internal current-loop of the MMC could be 

modified as follows : 

 

*'
( )( ( ) ( ))

( ) ( ). ( ) ( ) (41)
( ) ( )

circ cirk

o v
kd

v o

g s Z s Z s
i s g s i s V s

Z s Z s


 

  (41) 

 

( ) ( )
( )

( )( ( ) ( )

v o
ov

o v

Z s Z s
Z s

g s Z s Z s


 is the average capacitor voltage control total impendence transfer 
function. The stability effects of this virtual impedance in the closed loop system are described in Section III-

C. It has been reported that the use of the derivative of virtual impedance ( ) virZv s sL  increases the total 
internal impedance, and reduces the circulation of unwanted current [33]. However, with the presence of 
noise, especially in the experimental operations of the MMC, the derivative term amplifies the noise in the 
system [12]. To minimize the amplified noise usually generated by the derivative virtual impedance, a low 
pass filter (LPF) could be employed along with the derivative based impedance. However, it has been 
reported that the LPF can introduce an additional delay which depends on the types of the operating 
parameters such as the loads and filters in the system [21]. In the other hand, the virtual transient impedance 

concept could be employed to generate opposing virtual current signals (i.e. cviri and Lviri ) with the stability 
enhancement without the increase in the system delay. From (41), it could be seen that the enhanced total 



Int J Pow Elec & Dri Syst ISSN: 2088-8694  
 

Modular multilevel converter (MMC) based STATCOM with vector control… (Abdurrahman Umar Lawan) 

1843

impedance ( )ovZ s could be obtained by paralleling the virtual impedance ( )Zv s with the original impedance
( )oZ s to improve the system stability. Therefore, the voltage disturbance kdV  which could be obtained from 

(17), augmented with the measured average voltage V kC from the original system will produce a variablev  

for an improved stability as shown in Figure  9. Taking the time-integral of the voltage v to avoid the use of 

the time-derivative for possible noise amplification, gives the virtual inductor current Lviri as  
 

1
Lvir

vir

i dt
L

v 
 (42) 

 
To avoid the disadvantage of the introduction of virtual impedance in the system, which is imposing 

voltage drop during steady state [12], v is made to be the function of voltage variation kdV ; thus, the current 
Lviri  reduces as soon as the voltage variation is no more at the steady state. This virtual inductor ripple current 

is to be an opposing signal to the ripple current in the circulating current. Thus, decreasing the effective 
ripples in the system.  To impose the injection of only the ripple current in the loop for stability enhancement 

and ripple reduction, another virtual term (i.e. cviri virtual capacitor) will be introduced to generate a virtual 

capacitor current cviri which produces an active current component. This would be opposing the active current 

component in the produced virtual inductor current .Lviri  This is possible as both currents ( cviri and Lviri ) are the 
function of the measured average capacitor voltage. Since the measured capacitor voltages are obtained 

mostly using LPF or moving average filters (MAF) [34-37] the virtual capacitor current cviri could be 
generated from the measured voltage variation shown in Figure  9, with minimal noise without the use of any 
additional filter, and given by:  

 

 *V Vcvir vir Ck kCi K 
 (43) 

vircK  is the virtual capacitance term that could be given as: 
virc

virc

virc

C
K

T


  (44) 

The time constant should be made higher than the switching period (i.e. vir sT T ), this would make the 
virtual capacitor current nearly constant throughout the discharge and charge period.  

The new reference current could be obtained by the addition of the virtual currents to the original 
reference current as  

   * *
.cvir Lvircirk cirki i i i   

 (45) 

where 
*
cirki is the drooped circulating current reference. Therefore, the outer-loop average capacitor voltage is 

droop-controlled as follows: 

   * * *
1 2V V V Vcirk Ck k Ck kC Ci K K dt    

 (46) 
 The virtual impedance control enhancement provides an improved stability without the use of any 

additional sensing knowledge, filtering or sensing devices. Once the system is in the steady state, the two 
virtual currents stop.  Figure 9 shows the closed-loop diagram of the proposed virtual impedance-based 
average capacitor voltage control. The other integral controls within the leg-k which are the arm balancing 
control and the individual balancing control are maintained, and given by (47) and (48) respectively.  
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Figure 9. The closed-loop diagram of the proposed virtual impedance-based average capacitor voltage control 
 
 

 5 .V V (47)kA kp kn kC Cv K i 
 (47) 

 *
6 ( , )V V (48)kB k i jCk Cv K  

 (48) 

Adding all the balancing control commands (i.e. ,cirk kAv v  and kBv ) to the MMC phase AC output 

voltage ckV and the DC-link voltage ( / 2kC dcv V N ) will give the CSPWM voltage command 
*

ki jv  for the 
upper and lower arms as  

* (49)
ck

ki cirk kA kB kC

V
v v v v v

N
    

 (49) 

* (50)
ck

k j cirk kB kC kD

V
v v v v v

N
    

 (50) 
 

2.3. Stability analysis of the virtual impedance incorporation 
This analysis will be carried out using the improved model of the inner current control. Thus, the 

voltage disturbance kdV  is considered to be present in the inner-current control. This is a transfer function 

based analysis; thus, for simplicity, the variable kdV  is assumed constant and given a unity value in the outer-
loop. Based on these two assumptions, a reduced closed-loop diagram depicted in Figure 10 is formed. 

 
 

 
 

Figure 10. The reduced closed-loop diagram of the virtual impedance-based average capacitor voltage control 
 
 
The purpose of this analysis is to analyze the stability criteria of the virtual impedance placement 

based on their transfer functions (i.e. ( )vcG z and vLG ). ( )pG z  is the plant model for the inner current 
written as: 

( ) (51)
( 1)

P

s

r

T
G z

z L



 (51) 
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Where sT  is the sampling period. ( )pcG z is the assumed average capacitor model as in [35-40]. The 

proportional integral controllers in the z-domain for the inner circuiting current control (i.e. ( )IPI z ) and the 

outer capacitors voltage control (i.e. ( )OPI z ), could be written in the z-domain as (52) and (53) respectively. 
 

_ _( . )
( )

1
I

p i i i s pik k T z k
PI z

z

 


 (52) 
_ _( . )

( )
1

O

p v v v s pvk k T z k
PI z

z

 


  (53) 
 

( )i cG z  is the closed-loop transfer function of the inner control depicted in Figure 10. The 

relationship between the reference circulating current 
* ( )cirki z  and the inner circulatingcurrent ( )circi z  could 

be written as:  
 

*
( ) ( ) ( ) ( ) ( )

( ) . ( ) .
1 ( ) ( ) ( ) 1 ( ) ( ) ( ) 2

I P P

circ cirk

I P I P

kdPI z D z G z G z V z
i z i z

PI z D z G z PI z D z G z
 

 
 (54) 

 
( )D z  represents the inner-current control delay. The error ( )e z which is introduced in terms of the 

voltage disturbance and the new circulating current reference
*' ( )cirki z  could be given as in (55).  

*

* *

( ) ( ). ( ) / 2
( )

1 ( ) ( ) ( )

' ( ) ( ( ) ( )) ( )

Pcirk

I P

cirk cirk

kd

cvir Lvir

i z G z V z
e z

PI z D z G z

i z i z i z i z

   
      (55) 

If the inner circulating current control system is stable, the closed-loop eigenvalues of ( )e z given 
by (55) have to be in the z-domain within the unit cycle. For the outer-loop averaging capacitor voltage 

control, the relationship between the capacitor average voltage V ( )kC z , and its reference
*V ( )Ck z  could be 

defined as: 
 

*
( ( ) ( )) ( )

V ( ) .V ( )
1 ( ( ) ( )) ( )

O

k Ck

O

vc cc
C

vc cc

PI z G z G z
z z

PI z G z G z




 
 (56) 

( )vcG z  is the virtual capacitance controller, and given by: 

( )
vir

vc
vir

C
G z

T


 (57) 
 

virT  is the time constant and for stability, it has to be selected larger than the sampling period sT  so 
as to remain at a constant value throughout the transient period. From Figure 10, for simplicity, a transfer 

function ( )c cG z  is derived to form an outer-loop given by: 
 

( ). ( )
( )

1 ( ) ( ). ( )

ic pc
cc

vL ic pc

G z G z
G z

G z G z G z



 (58) 

( )pcG z  is the voltage plant model and is given by: 

1
( ) .

1

s
pc

T
G z

z C


  (59) 
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vLG is the feedback term of the semi-outer loop ( )ccG z defined as the virtual inductance controller 
and given by:  

 

( 1)

s
vL

vir

T
G

z L


   (60) 
 

For stability, the bandwidth of the semi-loop ( )ccG z with a feedback vLG should be higher than the 

bandwidth of the current control. For analysis to be simplified, ( )F z  is as 
 

( ) ( ) ( )O ccF z PI z G z  (61) 
 
The characteristics polynomial of the overall loop could be as 
 

( ) ( )
( ) (1 ( )). 1

1 ( )

vc ccG z G z
H z F z

F z

 
      (62) 

Using Figure 9, (62) could be further simplified as follows: 

( )
( ) (1 ( )). 1

1 ( )

P z
H z F z

F z

 
      (63) 

( )P z is given as in (64). 

 

( ). ( ) ( )
( )

1 ( ) ( ) ( )

ic pc vc

vL ic pc

G z G z G z
P z

G z G z G z



 (64) 

 
From (62) and (63), the following two stability conditions should be achieved for the system to be stable: 

a) The zeros of the polynomial (1 ( ))F z  have to be within a unit cycle of the z-domain, in the other 

words, the semi outer loop ( )ccG z with a feedback term ( )vLG z  has to be stable before the virtual 

term ( )vcG z is paralleled. 

b) Zeros of the polynomial ( )P z given in (63) should also be in the z-domain within the unit cycle. In 

other words, the zeros of the ( )P z  have to be on the right-hand side on the root locus plane. 
 
 

3. DIGITAL IMPLEMENTATION AND RESULTS 
The proposed control implementation is done in a digital form, hence presented in z-domain, the 

stability analysis is carried out in a discrete domain. The purpose of the proposed control is to enhance the 
averaging voltage control with fewer voltage ripples. The capacitors voltage ripple is the source of the 
circulating current [32]. Therefore, the reduced ripple would result in providing more suppressed circulating 
current. The measured variables described in (1)-(9), and the voltage difference in (17) are fed into the 
Simulink model. This approach is for both simulation and experimental studies. The STATCOM step change 
is obtained by the load transition from capacitive to inductive mode.  

The discrete outer voltage PI-controller (i.e. ( )OPI z ) of the average capacitors voltage is paralleled 

with the virtual capacitance controller. In other words, the current ( )cvitri z is obtained from the output of the 

voltage control PI-controller and then added to the new virtual capacitor current ( )cvitri z which is the output of 

the virtual controller ( )vcG z . The new voltage controller output current i.e. ( ( ) ( )cir cvitri z i z ), when added 

to the virtual inductance current ( ( )Lvitri z ), produces a new reference circulating current
*' ( )cirki z . The 

discrete error signal ( ( )e z ) described in (55), which is the difference signal between the sampled signal (i.e. 
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( )circi z ) and the set-point signal (i.e.
* ( )cirki z ), is corrected by the discrete PI controller based on the Euler 

algorithm [36]. 
 

3.1. Simulation result 
The simulation has been done using the Table 1 and Table 2 parameters. The time domain step 

responses based on the proposed scheme are presented in Figure 11 to Figure 20. Figure 11 has shown that 
the zeros and poles of the polynomial and derived in (62) and (63) are on the left-hand side of the root locus 
plane. This means is stable before the virtual capacitance control term is paralleled in the system. In other 
words, the system ability to become unstable in the proposed closed-loop process is increased as the phase 
margin has increased from 93.9 degrees in the conventional averaging to a value of 102 degrees in the 
proposed averaging. Figure 12 shows the root locus of the proposed and conventional closed-loop averaging 
voltage controls. It could be seen that the zero of the original voltage control concept (conventional) that is 
close to the origin is at a point X:-32.02, Y: 0. This zero at the point X:-32.02, Y: 0 has been replaced (i.e. by 
position in the root locus diagram) in the proposed scheme with a zero at a point X:-477, Y: 0. Similarly, the 
zero in the conventional scheme at a position X:-5561, Y: 0 which is far away from the zero axes, has been 
replaced by another zero at position X:-5584, Y: 0. However, both schemes have conjugate pairs of zeros but 
their importance has been outweighed by the zeros positions on the real axis line for their contribution to 
stability. In other words, their closeness to the zero origin in the root locus plot. The (55) has been employed 
to study the voltage disturbance suppression capability for the proposed and conventional control schemes. 
The gain performances to disturbance rejection have been shown in Figure 13, and can be seen that the 
proposed closed-loop averaging control has a greater suppression ability throughout the high-frequency range 
(100Hz to 1MHz) than that of the conventional averaging. Figure 14 shows the steady-state per-phase AC 
voltage of the MMC and the grid using the proposed scheme. Figure 15 (a) shows the MMC output active 
current control response in the d-axis form in full response. That is, from the introduction of the load (i.e. 
during the start-up) to the transition state. Figure 15 (b) shows the expanded-view response during the 
transition (i.e. step change in the reactive load). For STATCOM application, the active current supposed to 
be small. The active current has been negligible as shown in Figure 15 (b). Figure 15 (c) shows the reactive 
current control response in full form. Figure 15 (d) shows the reactive current control response during the 
reactive load transition. The active current response exhibits less overshoot compared to the reactive current 
response. This is due to the action of the transient virtual impedance carried out in the capacitors  
voltage current.  

Figure 16 and Figure 17 show the per-phase MMC output voltage produced by the proposed control 
and conventional control respectively, during the start-up, the conventional MMC output voltage has a delay 
of 0.2 seconds before it reaches its steady-state value of 50-vac. In other words, there is increase in the 
settling time of about 0.1seconds during the start-up between the inner current controls in Figure 15 and their 
corresponding outer-loop output voltage responses due to the process delay. This delay is shown in form of 
the voltage distortion and has been found to be mitigated by the virtual impedance voltage support as shown 
in Figure 16. This virtual impedance-based balancing control has improved the voltage levels of the MMC 
irrespective of the reactive load. Figure 18 shows the combined responses of the circulating currents, it can 
be seen that the circulating current using the conventional approach has a similar response as in Figure 17 
(i.e. the delay of 0.2 seconds with oscillations). 

 Figure 19 shows the capacitor voltages using the conventional and proposed methods. The 
balancing using the proposed has shown an enhancement, in other words, the balanced capacitor voltages 
using the conventional techniques have more distortions, and these distortions could be seen during the start-
up and slightly during the steady-state process. Note: LFPs are used for the measured capacitors voltages; 
thus, the results shown in Figure 19 would have been better with reduced AC contents if MAFs were 
employed. The voltage error signal, which is the difference signal between the sampled average voltage 

signal (i.e. V ( )kC z ) and the set-point voltage signal (i.e.
*V ( )Ck z ) is corrected by the discrete voltage PI 

controller. The results are then presented. 
 
 

Table 1. Control Parameters of the capacitor voltage balancing for the stimulation and experiment 
Symbol Quantity Value 

K1 Proportional inner DC current gain 0.16 
K2 Integral inner DC current gain 49 
K3 Proportional outer DC capacitor voltage gain 7.5 
K4 Integral outer DC capacitor voltage gain 375 
K5 Proportional arm DC voltage gain 0.5 
K6 Proportional individual cap. DC voltage gain 0.5 
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Table 2. Parameters of the grid-connected MMC for simulation and experiment 
Symbol Quantity Value 

f Fundamental frequency 50Hz 
fsw Switching frequency 4kHz 
Vf Grid voltage 50 Vac 

Rs Grid resistor 0.500mῼ 
Ls Grid inductor 0.120mH 
Rf AC coupling resistor 0.100mῼ 
Lf AC coupling inductor 2mH 
Rr MMC buffer resistor 0.400mῼ 
Lr MMC buffer inductor 2mH 
Ce Effective capacitor(s) 800uF 

VDC SM reference DC voltage 50V 
RL Active/inductive Load (kw/Kvar) 500/500 
RC Active/capacitive Load (kw/Kvar) 500/500 

KP_d,q d-q-axis proportional current gain 2800 
KI_d,q d-q-axis Integral inner current gain 300 

 
 

Currents drawn by the load from the grid Oscillations are clearly seen in the response using the 
conventional method. It is seen that the currents drawn by the load using the proposed method have fewer 
distortions. Figs. 15-20 have shown that the external compensation has improved the d-q current response 
and the virtual impedance has improved the capacitor voltage control, which, in turn, improved the MMC 
output voltage levels especially during the start-up. 

 
 

 
 
Figure 11. Root locus of the zeros of the polynomial 

(1+F (z)) 

 
 

Figure 12. The MMC output AC voltage using 
proposed averaging control 

 

 
 

Figure 13. Root locus of the proposed and 
conventional closed loop averaging 

 
Figure 14. The MMC output AC voltage using 

conventional averaging control 
 
 

 
 

Figure 15. Gain performance to capacitor voltage 
disturbance under the proposed and conventional 
closed-loop averaging capacitor voltage controls 

 

 

Figure 17. The MMC circulating current ( cirI ) 
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Figure  16. The MMC output AC per-phase voltage 
in per unit (p.u) using proposed averaging control 
with the grid per-phase voltage in per unit (p.u). 

 
 

Figure 18. The MMC average capacitors voltages 
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Figure 20 (a) and (b). Show the responses of the d-axis and q-axis 
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Figure 19. The MMC output (a) active current control full response (b) transition response (c) reactive 

current full response (b) step change response 
 
 

4. CONCLUSION 
This paper has investigated the option and simplicity of carrier-based PWM technique in enhancing 

the performance of vector controlled MMC for STATCOM applications. The enhancement has been 
achieved without the use of additional equipment or use of low switching techniques such the SHE method 
which has implementation complications. The suppression of the circulating current by the opposing virtual 
currents in the proposed scheme has enhanced the capacitor balancing, which could only be achieved when 
the circulating current is controlled.  The introduction of the virtual impedance has served as a damping 
force. This feature could be used to reduce the losses in terms of harmonics in the SM capacitor cells of 
MMC by using a moderate switching frequency. This development has also verified that the need to reduce 
the number of harmonic eliminators or increasing the limit of nonlinear loads in the power system could be 
achieved in the MMC system for STATCOMs applications. 
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